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! $\mathrm{D}$ $f$,g\in ! $\alpha$
Hornich




$[f,g]=\{(1-t)\star f\oplus t\star g:0\leq t\leq 1\}$
$[f,g]$ $\ovalbox{\tt\small REJECT}^{*},$ $\ovalbox{\tt\small REJECT}’,$ $\mathscr{C}$
$\ovalbox{\tt\small REJECT}*=$ $\{f\in \text{ };{\rm Re}\{\frac{zf’(\approx)}{f(z)}\}>0$ $(\approx\in \mathrm{D})\}$
$= \{f\in d;{\rm Re}\{1+\frac{zf’(z)}{f’(\approx)},\}>0$ $(\approx\in \mathrm{D})\}$
$=$ $\{f\in d;g\in\ovalbox{\tt\small REJECT}^{*},{\rm Re}\{1+\frac{zf’(z)}{f(z)},’\}>0$ $(z\in \mathrm{D})\}$
1(Cima-Pfaltzgraff,[S]). ! $\forall f,g\in!$
$[f,g]\subset\chi$
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2(Y.J.Kim-Merkes,[4]). $\mathscr{C}$ $\forall f,$ $g\in$
$[f, g]\subset \mathscr{C}$
\sim YCKim,Polinusamy,Sugawa,[l]
3 ([1]). $\ovalbox{\tt\small REJECT}*$ Hornich
1 ([1]). $\ovalbox{\tt\small REJECT}*$ Homich
2. N: yPj $>0,$ $\sum_{j=1}^{N}\mu_{j}=2,$ $\zeta_{j}\in\partial \mathrm{D}(j=1, \cdots, N)$ $f(z)$
$f(z)= \frac{z}{\Pi_{j=1}^{N}(1-\zeta_{f}\prime z)^{\mu_{\dot{f}}}}$
$\alpha\in[0,1]$ $\alpha*f\in\ovalbox{\tt\small REJECT}*$
2. $\ovalbox{\tt\small REJECT}\ovalbox{\tt\small REJECT}(\alpha)$
$| \arg\frac{zf’(\approx)}{f(z)}|\leq\frac{\alpha\pi}{2}$ , $z\in \mathrm{D}$
f \alpha
4 ($\mathrm{Y}.\mathrm{C}$ .Kim,Ponnusamy,Sugawa,[1]). $K$
$K(z)= \frac{z}{(1-z)^{2}}$ .
$\alpha\in[0,1]$ $\alpha*K\in\ovalbox{\tt\small REJECT}\ovalbox{\tt\small REJECT}(\min\{1,3\alpha\})$
. \mbox{\boldmath $\sigma$} 2 $N=2,\mu_{1}=\mu_{2}$ ) $\zeta_{1},$ $\zeta_{2}\in\partial \mathrm{D}$






$f(z)=\overline{(1-\zeta_{\sim}’)(1-\overline{\zeta}z)}\sim\sim$ , $\zeta\in\partial \mathrm{D}$ .
$0 \leq\alpha<\frac{1}{2}\mathrm{Y}\frac{1}{2}<\alpha\leq 1$ $\alpha=\frac{1}{2}$
$.0 \leq\alpha<\frac{1}{2}$
. $u(z)$ $\mathrm{D}$
$\forall\xi\in\partial \mathrm{D},\lim\inf u(_{\mu}"’)\geq 0\Rightarrow \mathrm{D}$ $u(z)\geq 0$
$\Phi\ni zarrow\xi$
$u(z)=\mathrm{R}eQ_{\alpha}(z)$ $Q_{\alpha}(z)=( \frac{\approx f_{\alpha}’(\approx)}{f_{\alpha}(z)})^{-\mathrm{l}}$
$(\mathrm{i})\xi\neq\pm 1,\zeta,\overline{\zeta}$
$u(\approx)$ $\xi$ $u(\xi)\geq 0$
$0<\theta<\pi,\theta\neq\beta$ Qa(’)=Q\alpha (e-









$= \int_{0}^{1}\frac{(1-x^{2})^{\alpha}}{(1-\zeta x)^{2\alpha}(1-\overline{\zeta}x)^{2\alpha}}dx+\int_{1}^{\mathrm{e}^{1\theta}}\frac{(1-\zeta^{2})^{\alpha}}{(1-\zeta w)^{2\alpha}(1-\overline{\zeta}w)^{2\alpha}}dw$
$=C+i^{1-\alpha}2^{-3\alpha} \int_{0}^{\theta}e^{i(1-\alpha)t}\sin^{\alpha}t\sin^{-2\alpha}\frac{\beta+t}{2}\sin^{-2\alpha}\frac{\beta-t}{2}dt$
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$Q_{\alpha}(e^{i\theta})= \frac{f_{\alpha}(e^{i\theta})}{e^{i\theta}f_{a}(e^{\iota’\theta})}$, $=C2^{3\alpha}e^{-|(1-\alpha)\theta-\frac{\pi}{2}\alpha} \sin^{-\alpha}\theta\sin^{2\alpha}\frac{\beta+\theta}{2}\sin^{2\alpha}\frac{\beta-\theta}{2}$
$+i \mathrm{v}\mathrm{i}\mathrm{n}^{-\alpha}\theta\sin^{2\alpha}\frac{\beta+\theta}{2}\sin^{2\alpha}\frac{\beta-\theta}{2}$
. $\int_{0}^{\theta}e^{-i(1-\alpha)(\theta-t)}\sin^{\alpha}t\sin^{-2a}\frac{\beta+l}{2}\sin^{-2\alpha}\frac{\beta-t}{2}dt$,
$u(e^{i\theta})=$ $C2^{3\alpha} \cos\{(1-\alpha)\theta-\frac{\pi}{2}\alpha\}\sin^{-\alpha}\theta\sin^{2\alpha}.\frac{\beta+\theta}{2}\mathrm{s}i\mathrm{n}^{2\alpha}\frac{\beta-\theta}{2}$ (1)
$+ \sin^{-\alpha}\theta\sin^{2\alpha}\frac{\beta+\theta}{2}\mathrm{s}\mathrm{i}_{\mathrm{l}1^{2\alpha}\frac{\beta-\theta}{2}}$
. $\int_{0}^{\theta}\cos(1-\alpha)(\theta-t)$ gin$\alpha t\mathrm{s}.\mathrm{n}^{-2a}\frac{\beta+t}{2}\sin^{-2\alpha}\frac{\beta-t}{2}dt$
$C>0_{\text{ }}|(1- \alpha)\theta-\frac{\pi}{2}\alpha|<\frac{\pi}{2}$ (1) – -




















$f_{a}’(z)$ $=$ $(B_{0}+B_{1}(1-\approx)+B_{2}(z-1)^{2}+\cdots)(1-z)^{a}$ ,
$=B_{0}(1-z)^{\alpha}+B_{1}(1-z)^{1+\alpha}+O(1)$ , $(zarrow 1)$
$B_{0},$ $B_{1},$ $\cdots$ $\Leftarrow$)










$\xi=-1$ $(\mathrm{i}),(\mathrm{i}\mathrm{i}),(\mathrm{i}\mathrm{i}\mathrm{i})$ $\forall\xi\in\partial \mathrm{D}_{\text{ }}$
$\lim\inf_{\mathrm{D}\ni zarrow\zeta\xi}$ u(z)\geq 0 $0 \leq\alpha<\frac{1}{2}$ $f_{\alpha}\in\ovalbox{\tt\small REJECT}*$
. $\frac{1}{2}<\alpha\leq 1$










$f_{\alpha}(z)=f_{\alpha}( \zeta)+\frac{A_{0}}{1-2\alpha}(\approx-\zeta)^{1-2\alpha}+\frac{A_{1}}{2-2\alpha}(z-\zeta)^{2-2\alpha}+O(1)$ , $(zarrow\zeta\rangle,f_{\alpha}(\zeta)\neq 0$
P




${\rm Re} P_{\alpha}(z)=c \frac{1-|z|^{2}}{|\zeta-z|}+Q(z)$, $c= \alpha-\frac{1}{2}>\mathit{0}$
$z=-1,1$ $Q(z)$
$\frac{1}{2}<\alpha\leq 1$ ${\rm Re} P_{\alpha}>0$ $\mathrm{D}$ $Q(z)>0$
$\mathit{0}<\theta<\pi,$ $\theta\neq\beta$ ${\rm Re} P_{\alpha}(e^{i\theta})>0$

















$f(\mathrm{D})$ slit mapping $\beta=\frac{\pi}{2}\text{ }\beta=\frac{\pi}{\theta}$
f l 2
1. $f(\mathrm{D})$ ( ) $.\beta=\ovalbox{\tt\small REJECT}$
2. $f(\mathrm{D})$ ( ) $. \beta=\frac{\pi}{3}$ .
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